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Tom tit : Nang luc tu duy va ldp ludn todn hoc (NLTD&LLTH) la mét trong nhitng ndng lic cot 16i can dwoc phat trién
cho hoc sinh. Viéc phat trién nang lyee twr duy va lgp lugn toan hoc cho hoc sinh khong chi giup ich cho viéc hoc toan ma
con gop phan gidi quyét cac van dé trong thuc tién doi song Duea trén phan tich tai lleu I ludn, gzao duc mon toan lién
quan den nang luec, nang lyc toan hoc va dbra vdo thiee té day hoc & trieong phé théng vé chi Hang dang thire va img dung,
bai viét dé xudt mét sé bién phdp phdt trién nang lwc tw duy va ldp ludn toan hoc cho hoc sinh lop 8 trong day hoc chii dé
“Hdng dang thikc va g dung”, gdp phdn ndng cao chdt lrong day hoc todn & trieong trung hoc phé théng.

Tir khéa: Hang dding thire, Nang lyc tw duy va ldp lugn, Ung dung.
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Abstract: Mathematical thinking and reasoning ability is one of the core abilities that need to be developed for students.
Developing mathematical thinking and reasoning ability for students not only helps in learning mathematics but also
contributes to solving problems in real life. Based on the analysis of theoretical documents, mathematics education related
to competence, mathematical ability and based on the reality of teaching in high schools on the topic of Equality and
application; the article proposes some measures to develop mathematical thinking and reasoning ability for Sth grade

students in teaching the topic “Equality and application”,
in high schools.

contributing to improving the quality of mathematics teaching
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L.DAT VAN DPE

Muc tiéu cta chuong trinh gido duc phd théng
mon Toan 2018. (Bo Giao duc va Pao tao, 2018b)
khang dinh: “Gido duc todn hoc gdp phan hinh
thanh va phat trién cho hoc sinh cdc pham chat
chii yéu, nang lwc chung va ndang luc todn hoc -
biéu hién tdp trung ciia nang lyc tinh todn véi cdc
thanh phan sau: tw duy va Idp ludn todn hoc, mé
hinh hod todn hoc, gidi quyét van dé todan hoc,
giao tiép todn hoc, sir dung cdc cong cu va phwong
tién hoc todn; phdt trién kién thirc, ki ndng then
chot va tao co héi dé hoc sinh duwoc trdi nghiém,
van dung toan hoc vao thuc tién”.

Nhu vay, nang luc tu duy va lap luan toan hoc
duoc coi 1a mot trong nhitng ning luc cbt 16i can
duoc hinh thanh va phat trién cho hoc sinh (HS)
trong day hoc mén Toan & trudng phd thong. Phat
trién t&t cho hoc sinh ning luc nay sé& gitp cac em
thuc hién tdt cic thao tac tu duy, biét phan tich va
1ap luan mdt cach hop li, chat ché khi giai quyét
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bai toan. Trong chuong trinh gido gido duc phd
thong mén toan, ndi dung chu d& ~ Hang ding
thiee va ung dung” 1a mdt noi dung co ban va quan
trong trong chuong trinh toan 16p 8. Thuc tién day
hoc cho théy, nhiéu HS con boc 10 nhirng han ché
vé nang luc tu duy va 1ap ludn toan hoc, chua linh
hoat trong huéng suy nghi khi gdp trd ngai, cac
em quen voi kiéu suy ngh1 rap khuon, ap dung
may moc nhiing gi da biét dé giai quyét cac van dé
moi, chua tim dugc tinh ddc dao trong qua trinh
tim 101 giai bai toan.

Trong bai viét nay tac gia d& xuit mot sd bién
phap gop phan phat trién nang luc tu duy va lap
luan toan hoc cho HS trong day hoc chu dé “Héng
dang thirc va timg dung”.

II. NOI DUNG NGHIEN CUU

2.1.Nang luc tu duy va lap luan toan hoc

Theo chuong trinh gido duc pho thong tong thé
(B6 Gido duc va bao tao, 2018a), “Nang luc la
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thugc tinh ca nhan dwoc hinh thanh, phat trién
nho té chat san c¢é va qud trinh hoc tdp, rén luyén
cho phép con nguoi huy dong tong hop cdc kién
thure, ky nang va cac thugc tinh ca nhan khac nhau
nhu himg thii, niém tin, ¥ chi, ... thiee hién thanh
cong mot loat hanh dong nhat dinh, dat két qua
mong muon trong nhitng diéu kién cu thé”.

Theo chuong trinh gido duc moén Toan 2018
(B6 Giao duc va bao tao, 2018b); cac ti€u chi,
biéu hién cua nang lyc tu duy va lap ludn toan
hoc thé hién qua viéc thuc hién dugc cac hanh
dong: So sanh; phan tich; téng hop; dac bi¢t hoa,
khéi quat hoa; tuong tu; quy nap; dién dich. Chira
dugc chimg ctr, 1i 18 va biét 1ap luan hop li trudc
khi két luan. Giai thich hodc diéu chinh cach thirc
giai quyét van dé vé phuong dién toan hoc. Tir
nhitng tiéu chi, biéu hién trén phan nao giup giao
vién (GV) hinh dung ra con duong phat trién nang
luc cho ting cip hoc va dé dam bao mang lai két
quéa dang mong doi cho nguoi hoc sau khi két thic
viéc hoc & mdi 16p hoc.

2.2. Mt s6 biéu hién cia ning lwc tw duy
va lap luén toan hoc ciia hoc sinh trong chii dé
“Hing dang thirc va ing dung”

2.2.1. Néi dung chii dé

Chu dé “Hang dang thire va tng dung” déu dugc
dé cap & ca bdn bd sach Toan 8. Riéng bo sach két
nbi tri thirc voi cude sdng gdbm cac ndi dung:

Hiéu hai binh phuong, Binh phuong mét tong,
binh phuong mot hi¢u.

Lap phuong mot téng, 1ap phuong mot hidu.

Tdong va hiéu hai lap phuong.

Phan tich da thic thanh nhan tir bang cach dat
nhén tir chung, ding hang dang thirc, nhém hang ti.

Day 1a nhiing kién thuc duogc xdy dung tir
kién thirc co s& nén tang 1a nhan da thirc voi
da thirc, do d6 hoc sinh c6 thé giai thich chimg
minh duoc ndi dung kién thirc méi bang nhiing
suy ludn c6 cin ¢t vi vay ndi dung nay c6 nhiéu
co hoi dé bdi dudng nang luc tu duy va lap luan
toan hoc cho HS.

2.2.2. Biéu hién nang lyc tw duy va lap ludn
toan hoc cua hoc sinh

Can ctr vao ndi dung, yéu cau can dat cua chu
dé Hang dang thirc va ing dung - Toan 8, Cac thé
hién cia NLTD&LLTH trong day hoc toan. Téac
gia xac dinh cac biéu hién vé NLTD&LLTH cua
HS trong day hoc chu dé Hang dang thic va ing
dung - Toan 8, nhu sau:

Biéu hién 1: Hoc sinh thuc hién so sanh, phan
tich tim méi lién hé giira cdc kién thirc ciia chi dé,
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phat hlen dwong 16i gidi; huy dong kién thirc gidi
quyét vin dé trong ngi dung Hang dang thirc va
ing dung ¢ nhitng diém sau:

HS phat hién nhimg hang ding thic 4n chia
trong cac bai toan. Thuc hi¢n van dung cac kién
thirc vé& don thurc, da thirc. .. trong bién ddi da thir
vé hang dang thirc.

Van dung linh hoat céac kién thurc lién quan dén
hang dang thirc dé giai quyét cac bai toan trong
chu dé.

Biéu hién 2: T hu“c hién dwoc viéc ldp luan hop
Il khi giai quyet van dé todn hoc trong noi dung
chii dé. Piéu chinh cach thirc gidi quyét cac van
dé; tim ra nhiéu cdach gidi khdc nhau ciia bai todn.

Trinh bay 16 giai ciia mot bai toan chu dé hang
dang thirc va ing dung c6 can ci.

Tim ra duoc nhiéu cach giai bai toan (néu co)

Biéu hién 3: Phat hién dwoc sai lam, cdach sita
chita sai lam trong gidi bai todn lién quan dén
hang ddng thirc va tmg dung.

Céc biéu hién trén c6 moi quan hé chat ché voi
nhau, gén lién v&i hoat dong hoc tap cua HS trong
hoc tdp va van dung kién thuc chu dé.

2.3.Mét s6 bién phap gép phin phat trién
niang luc tw duy va lap luin cho hgc sinh trong
day hoc chii dé “Hiing ding thirc va img dung”

Trén co s& cac biéu hién ciia NL TD&LLTH
cia HS trong hoc tp chii d&; cach thirc phat
trién nang luc, NL TD&LLTH duogc dé cap
cuia cac tac gia D6 & cs. (2018); Lé & Nguyén
(2020); tac gia dé xuat mot s6 bién phap boi
dudng nang luc tu duy va lap ludn toén hoc cho
HS 16p 8 trong day hoc chu dé “Hang dang thic
va ing dung” nhu sau:

2.3.1. Bién phap 1: Tdp cho hoc sinh phan tich,
tong hop phdt hién vin dé trong cdc noi dung ciia
chii dé Hang ding thu"c va ing dung”; huy dong
kién thirc dé gidi quyét van de.

Muc dich ciia bién phdp: Bién phap nay nhim
tap luyén cho HS thuc hién phan tich, téng hop,
phat hién dugc van dé trong cac tinh hudng hoc
tap chii d&, mot thé hién ciia NL TD&LLTH.

Cach thucc thuc hién: GV lua chon hé théng
bai tap trong chu dé Hang dang thirc va img dung
Hudng dan HS phén tich, tong hop, so sanh...tim
101 giai bai toan; Tao co hdi cho HS tranh luan,
phan bién, sang loc dé dua ra cach giai quyét van
dé mot cach hop li nhét.

Vidy 1: Cho a+b+c=0 va ,2  p2 .2

14. Tinh A=a*+b* +¢*
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Bang 1: Biang md ta hoat dong ciia GV va du kién hoat dong ciia HS trong Vi du 1

Hoat dong cia GV

Dy kién hoat dong ciia HS

GV goi HS doc yéu cau va tom tit bai toan.

HS doc bai toan

Gia thiét (1):a+b+c=0
Gia thiét (2): a2+ b* +¢* = 14
Tinh A = a* + b*+¢*

GV cho HS nhéc lai hing dang thic (a + b + ¢)?

HS (atb+c)>=a?+ b’ +¢? +2ab + 2bc + 2ac

Tir gia thiét (2): a2+ b*+ ¢ = 14 em c6 thé bién
ddi nhu thé nao dé duoc biéu thice co chira a* +
b*+ ¢*

Em hay khai trién (a® + b2 + ¢ )* rdi rat ra biéu
thic a* +b*+c*=?

Khi d6 A =196 — 2(a’b? + b%a’ + a’c?)

Pé tinh duoc ab? + b%a? + a’c?

Ta can dya vao gia thiét nao cua bai toan?

Binh phuong hai vé

(@2 +b*+c?) =142

a*+b*+ ¢! + 2a%b? + 2b%a? + 2a’c? = 196
A=a'+b*+ c'=196 — 2(a’b? + b%a’ + a’c?) (¥) a
+b+c=0

Tir gia thiét (1):a+ b+ c=0 co thé bién doi nhu
thé nao dé duoc biéu thirc ¢6 chira ab + be + ac?

Dua vio gia thiét (2): a?+ b2+ c? = 14, thiab +
bc+ac=7?

(ab +bc +ac)>="?

Em c6 thé viét biéu thire 2a%be +2ab’c + 2abc? &
dang thu gon bang cach phan tich da thirc thanh
nhan tu.

Dua viao gia thiét (1): a+ b + ¢ = 0 thi a?b? + b2a>
+a’c? =9

HS: Binh phuong hai vé

(a+b+c)}=0

a’?+b?+¢? +2ab +2bc +2ac=0

2ab + 2bc + 2ac =-14

ab+bc+ac=-7

(ab +bc +ac)2 = (-7)

a’b? + b%a® + a’c? +2a’bc +2ab’c + 2abc? =49
a’b* + b%a’ + a’c* +2abc(a + b + ¢) =49

a’b? + b%a’ + a’c* =49

Thay a’b? + b%a? + a’c? = 49 vao (*) ta duoc:
A=196-2.49 =98

Qua vi du trén, ngoai viéc giup HS huy dong
nhing kién thirc vao giai bai toan ma con gitp hoc
sinh linh hoat trong viéc van dung bién d6i hang
dang thirc dé tir gia thiét co duoc két luan, tir do
hoc sinh phat trién dugc nang lyc tu duy va lap
luan toan hoc.

2.3.2. Bién phdp 2: Hudng dan cho hoc sinh
trinh bay loi giai bai toan co can cu; thuc hién
diéu chinh cdch thirc gidi quyét van dé tir d6 tim
ra nhiéu gidi khdc nhau ciia bai todn.

Muc dich ciia bién phdp: Gitp HS biét lap luan
dé giai quyét vin dé, biét xac dinh cac cin cr & timg
bude két ludn; tim ra cach gidi khac cho bai toan.

Cach thirc thuc hién: GV lga chon cac dang bai
tap c6 nhidu cach giai, xdy dung hé théng ciu hoi
goi m& gitp HS xac dinh cac gia thiét, két luan
ctia bai toan, xac dinh céc can ctr ¢ timg budc két
luén, phén tich gia thiét, két luan dé tim ra nhiéu
cach giai khac nhau.

Vidy2: Chimg minh ringNéua+b: 3thia’+b*: 9

Bang 2: Bang mb ta hoat dong ciia GV va du kién hoat dong ciia HS trong Vi du 2

Hoat dfng cia GV

Dy kién hoat dong ciia HS

GV: Gidi thiéu bai toan, yéu cau HS néu gia thiét,
két luan.

HS tim hiéu bai toan
Giathiéta+b @3
Kétluana®+b® 1 9

Tir gia thiét va két luan, xét xem giitaa + b va a3+
b? ¢6 lién quan dén hang dang thirc nao?

Hang dang thirc
a’+b’=(a+Db)(a>—ab+b?

Theo gia thiét (a + b) : 3 dé chimg minh a’+ b’
: 9, can chimg minh gi?

Ching minh (a> —ab +b?) : 3
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Hay dién biéu thuc thich hop vao du “?” a2 —ab
+b2=(at b)2-?

Ching minh (a> —ab +b?) : 3

Biéu thtc (a+ b)>— 3ab c6 chia hét cho 3 khong?
Do 1a mdt cach ching minh

(a+ b)>— 3ab chia hét cho 3 vi (a + b) chia hét cho
3 va 3ab ciing chia hét cho 3.

Hay phan tich gia thiét dé tim xem con cach
ching minh khéc

Tra+b=3ksuyra

(3k — b)® + b*14p luan xem biéu thirc thu gon c6
chia hét cho 9 khong?

Tra+b: 3néna+b=3k a=3k-b
Em hdy rit a tir biéu thirc trén (3k—b)3 + b3
Thay vao biéu thirc a3 + b3

Khai trién rdi thu gon biéu thirc (Bk—b) + b’

=27k* - 27k?b + 9kb?
Biéu thtrc nay chia hét cho 9

Viéc gitip HS trinh bay 101 gidi c6 can ctr
khong chi gitp HS cung c¢b lai kién thirc ma
con giup cadc em bay bai gidi mot cach chat
ché, c6 hé théng. Viéc gidi bai toan béng nhiéu
cach giup HS hiéu rd hon vé ban chat cua bai
toan, rén luyén kha ning phén tich cac yéu té
cua bai toan tim cac phuong phap giai khac
nhau dé tim ra cach tiép can toi vu. Tir d6 HS
phat trién duoc nang lyc tu duy va lap ludn
toan hoc.

2.3.3.Bién phdp 3: T6 chirc cho hoc sinh phat
hién sai lam va hwong dén hoc sinh sira chita sai
lam trong gidi bai tdp chi dé Hang dang thire va
ung dung.

Muc dich cua bién phdap: Muc dich cua bién
phép la:

Cung cb kién thirc d hoc va giap HS ap dung
hiéu qua kién thirc d6 vao viéc giai bai tap chu dé

Qua d6, cac em s& hinh thanh théi quen tu kiém
tra va diéu chinh bai lam ctia minh dé dat dwoc do
chinh xéc cao hon.

Cach thire thue hién: GV duara cac tinh huéng
101 giai cia mot bai todn ma trong 101 giai bai toan
ay sai 1am va yéu cau HS phat hién sai 1am, phan
tich nguyén nhan sai 1am, stra chita sai 1am néu
cach giai dung.

Vi du 3: Khi tim gié tri nho nhat cia biéu thirc
A= (x*+ 1)> + 4, mot ban HS 16p 8A da giai nhu
sau:

Vi(x*+1)> nénA = 4
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Vay gié tri nho nhét ciia A bang 4.

Hay phat hién chd sai trong bai giai, tim nguyén
nhéan sai va sua lai cho dung.

HS: Trong bai giai trén ban da sai 1am khi lap
ludn Vi (x2+ 1) >0 nén: A > 4 roi két luan gia
tri nho nhat ctia A bang 4 ma quén rang A khong
thé bang 4. Vi (x2+ 1)* > 0 khong thé bang khong.
Do d6 khong co gi tri ndo cia x dé gia tri cia A
bang 4.

GV: Em hiy néu nguyén nhan dan dén sai 1am
trong bai giai?

HS: Chi ra dugc nguyén nhan sai

Theo thdéi quen trong qua trinh tu duy
va suy luan “Binh phuwong ctia mot sé ludn
duong” nén cho ring (x*+ 1)> >0 1a chua
chinh xéc.

Khi két luan gia tri nho nhat ciia A 1 4 ma quén
khong kiém tra diéu kién dé A = 4.

GV: Em hay stra lai bai giai cho dung.

HS: SwabaiA=(x*+1)*+4

A=x*+2x*+5

Dox* >0 va2x*>0 .DodoA = 5

Vay gié tri nho nhét ciia A bang 5 khi x =0

Trong vi du trén, giup hoc sinh phat hién dugc
duoc sai 1am trong 1ap luan theo 16i mon quen
thudc, chi ra dugc nguyén nhan din dén sai lém,
hoan thanh duoc bai giai bang lap luan don gian.
Tir d6 gitp cac em phat trién duoc nang luc tu duy
va lap luan toan hoc.
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1. KET LUAN

Nang luc tu duy va lap luan toan hoc 1a mot
trong nhitng nang lyc cbt 16i dic thu mon toan
trong chwong trinh giao duc phd thong 2018.
Dé phat trién ning luc ndy trong day hoc chu dé
hang dang thirc va tmg dung trudc tién can xéc
dinh dugc nhitng biéu hién cua nang luc tu duy
va 1ap luan toan hoc trong chu dé, tir d6 lva chon
cac dang bai tap, vi du va xdy dung dugc cac

bién phap pht hop dé gitip HS phat trién ning
luc nay. Nhitng bién phap phat trién ning luc
tu duy va l1ap luan toan hoc cho HS 16p 8 trong
day hoc chu d¢ Hang dang thuc va ung dung
néu trén néu duge thue hién mot cach linh hoat
trong day hoc s& c6 hiéu qua trong phat trién NL
TD&LLTH cho HS. Nhirng bién phap dé xuit c6
thé 4p dung cho nhirng chu dé khac cua chuong
trinh toan THCS.
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