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Tom tit: Viéc gidi bai todn la mot qud trinh mo mam, tim toi dea trén hiéu biét ciia nguoi gidi todn. C6 nguwoi phai may
mo rdt ldu, thir hét cach nay cach khdc méi gidi dwoc, trong khi ¢é nguwoi lai tim dwoc cdch gidi rat nhanh. Vay dau la bi
quyét cho kha nang gidi todn nhanh va chinh xac? Cach rén luyén nhw thé nao? Bai bdo nay gidi thiéu dén ban doc cdach
rén luyén kha ndng dinh hieéng va xdc dinh dwong 16i gidi, mot trong nhitng phirong phdp hiéu qua dé tim toi loi gidi thod
dang, tir do co thé nhin bai todn dudi cac khia canh, goc do khac nhau.
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Abstract: Solving a problem is a process of groping and searching based on the understanding of the solver. Some
people have to search for a long time, trying many ways to solve it, while others find a solution very quickly. So what is the
secret to solving problems quickly and accurately? How to practice? This article introduces to readers how to practice the
ability to orient and determine the solution path, one of the effective methods to find a satisfactory solution, from which you

can look at the problem from different aspects and angles.
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I. PAT VAN PE

Viéc xac dinh duong 161 gidi mot bai toan trudc
hét va chi yéu 1a phai x4c dinh dung thé loai bai
toan. Dé lam t6t diéu nay can nghién ciru ki bai
toan, cin ¢ vao yéu cau bai toan, gia thiét cua bai
toan. Cac duong 16i giai phan 16n dang bai toan
da duoc xac dinh trong ndi dung nhitng tri thic
vé dang toan d6 ma ngudi giai toan phai biét va
phai nhd. Tuy vay, khé khin thuong gip vé mat
nay 1a mdi bai toan tuy ndm trong mot thé loai
nao d6 nhung lai phat sinh van d¢é riéng cua nd. Vi
thé, nguoi giai toan phai nim vimg cac duong 16
chung, lai phai phat hién ding cai riéng ctia moi
bai toan dé chon duong 16i giai pht hop nhat.

I1. NOI DUNG NGHIEN CUU

2.1. Bai toan minh hoa va duwong 16i giai

Bai toan 1. Tim moi gia tri ciia tham s6 m dé hé
bat phuong trinh sau v nghiém

{x3 X2+x-1>0(1)

mx*>+2mx + 1 <0 (2)

Nhan xét rcing bai toan da cho thuoc bai todan
tong quat sau day: Cho mdt hé bat phirong trinh
c6 chira tham sé. Hay tim moi gid tri ciia tham sé
dé hé bdt phwong trinh vé nghiém.

« Duong 16i gidi bai todn tong qudt

Ta can tim moi gia trim dé cho mot trong cac
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bat phuong trinh cua hé v6 nghi€ém hodc moi bat
phuong trinh cta hé déu c6 nghiém nhung ching
khong c6 nghiém chung. Ngoai ra ta co thé giai
bai toan gian tiép sau: Tim tdp hop gia tri cia m
dé hé bat phuong trinh c6 nghiém, sau dé két luan
tap hop can tim 14 phan bu cua tap hop nay trong
R . Can phai can nhic va phan tich ki ludng dé lya
chon giai bai toan truc tiép hay gian tiép.

Tro lai bai toan 1, do bat phuong trinh (1)
khong chira tham sé nén ta xét trude.

Ta co

e x*(x-)+x-120
SE-1x*+1)=0

(@ x> +1>0 Vx)

Lic nay, bai todn tr¢ thanh: tim moi gia tri cia
tham s6 m dé bit phwong trinh (2) v6 nghiém hoic

x>l

co nghiérp thod man x <1 .
Xét bat phuong trinh (2)
+Khi m=0: (2) < 1<0,khong xay ra, bat
phuong trinh (2) v6 nghiém, do d6 hé vo nghiém.
Nhu vay m =0 1a mdt gia tri can tim.
Goi f(x) = xm? +2xm+1
+ Khi m <0 : Tam thtrc f(x) c6 2 nghiém trai
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Vi vay, ta s& stir dung duong 16i thich hop: danh
gia vé trai ctia phuong trinh, tim cac gia tri ctia x
dé vé trai c6 gia tri bang 1.

Ap dung két qua trén ta co

ddu x,<0<x, , va nghiém cta bat phuong trinh

(2)la x<x hodc x>x, .

Trudng hop nay hé co nghiém vi hai mién [1;¢
+00) va [x, ;- +o0) ludn co6 diém chung.

Nhu vay m <0 khong thod man bai toan.

+ Khi m>0 : Dé tim mi,én nghiém cua bat
phuong trinh (2) ta phai xét dau

A'=m* —m=m(-1)

Néu A'<0< 0<m<1 thi v&i moi x, bat
phuong trinh (2) v6 nghiém va do d6 hé v nghiém.

Nhu vy 0 <m <1 thod man bai toan.

Néu A'>0< m>1 (vi m<0 tadi xét & trén)

thi f(x) c6 hai nghiém phan biét x, <x, , va
nghiém ctia bit phwong trinh (2) 1a X, <x<X, .

bé h¢ vo nghiém thi x, <x, <1. Muon vay
phai co:

A'>0 m>1

M (1)=0 S3m+1>0 o m>1
£<1 -1<1

2

Tong hop lai ta duge: hé da cho vo nghiém khi
m=0.

Nhu vdy ¢ bai toan nay ta dung phuong phap
giai tryc tiép.

Bai toan 2. Giai phuong trinh

cosx.J ! —1+cos3x. ! —-1=1.
cosXx cos3x

Dé phuong trinh ton tai, phai c6 diéu kién:
0<cosx<l
{O <cos3x <1
Khi d6 phuong trinh tr¢ thanh

\/cosx—cos2 x +\/cos3x—cos2 3x =1

Theo dudng 16i chung dé giai phwong trinh vo
ti, bang cach binh phuong 2 vé, ta s& duoc phuong
trinh méi trong dwong, nhung chic chén sé phirc tap.

Pé y dén cac biéu thic dudi dau cin, chung
déu c6 dang

u—u’ véi 0<u<l

Ta danh gia nhu sau

2
z=u—u’=—(u’ —u)z%—(u—lj <1,

dang thirc xay ra khi y = % .

vJcosx —cos’ x s% , dang thirc xay ra khi

1
COSX = —
2

Jcos3x —cos? 3x < % , dang thirc xay ra khi

1
cos3x=—.
Tir 462
\/cosx—cos2 X +\/cos3x—cos2 3x <1,
1
cosx =—
dang thue xay ra khi 21 *) .
cos3x =—

H¢ (*) vo nghiém vi khi cosx=5 thi

1

1 ,
cos3x = 4cos’ x—3cosx=E—%:—1¢—, tirc

2

la khong c6 gid tri nao cua x dé vé trai bang 1.

Vay phuong trinh da cho vo nghiém.
Trong vi¢c xac dinh duong 161 gidi, can chu y

dén kha ning sau: C6 nhimg bai todn xét vé mit
hinh thirc thi khac nhau nhung ban chat giéng
nhau, vi vy duong 16i giai twong tu nhau. C6 thé
x€t cac bai toan sau

Bai toan 3.

1. Cho phuong trinh

x’+k +a=0 (3)

véi a l1a hang s6 khac 0 va k 1a tham so.
Tim moi gia tri cua k dé bicu thic

3 3
M = M + Gl < 52
Xy X
trong do x,, x, 1a cac nghiém cuia phuong trinh (3).
2. Cho phuong trinh bac hai
(m=3)x> +(m+3)x—(m+1)=0 (4)

Tim moi gié tri cia m dé cac nghiém x,,x, cua

phuong trinh (4) thoa man hé thirc

2 =
4(x,+x,) -.25'X1X2. 0. o '
3. Tim moi gié tri cia a dé hi¢u cac nghiém

cua phuong trinh

2x* —(a+Dx—+a+3=0.(5) bang 1.
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4. Cho ham sb

y= §x3 —%(sina +cosa)x’ +%(sin 2a)x +1.

Goi 13 hoanh d¢ cac diém cuc tri cia ham s
y. Tim moi gié tri a thod man hé thirc sau

X, +x,=x"+x,". (5a)

Nhén xét. Hién nhién'dé 1a cac bai toan khac
nhau. Tuy vay, néu nghién ctru ki, ta thdy cac bai
toan nay c6 dic diém co ban giéng nhau, d6 la
cac bai toan chura cac dai luong lién quan dén cac
nghi¢m cia mot phuong trinh bac hai. Do c6 dac
diém co ban gidng nhau nén duong 16i giai cac
bai toan nay ciing twong tu nhau. Cu thé quy trinh
giai nhu sau

a) Tim diéu kién dé phwong trinh bac hai c6
mat trong bai todn c6 nghiém.

b) Biéu dién cic dai luong lién quan dén cac
nghiém cta phuong trinh bic hai qua x, + x,, ; x,.x,
tir do, dung dinh 1y Vi — ét tinh c4c dai lugng da cho.

Sau day 1a huéng dan gidi bai toan 3.4.

Diéu kién d& ham sb y co cyc tri 1a phuong
trinh  »'=0 ¢o6 hai nghiém phan biét.

Ta co

2 . 3.
y'=x"—(sina +cosa)x+zs1n2a

A, = (sina +cosa)’ +3sin2a = 1 - 2sin 2a.

Dé phuong trinh  y'=0 c¢6 hai nghiém phan
biét thi |
A, >0 1-2sin2a.>0< —1<sin2a <E.
Khi d6 ta biéu dién diéu kién (5a) dudi dang

X, +x, = (X, +x,)7 —2x,X,.

trong do x, +x, =sina+cosa, xx,=-=sin2a.

Phuong trinh (5a) dua vé dang
sina +cosa = (sina +cosa)’ — Zsin 2a

bat wu=sina+cosa= 2 sin a+£j, voi
diéu kién — V2<us<i2 , ta dugc phuong trinh

doi vol w:

u=1

u2+2u—3:0c>{ .
u=-3

Nghiém u =1 thoa man diéu kién, tir d6 tro vé
tim a bang cach giai phuong trinh:
a=k2rx

V2 sinLa + Z‘J =1l T

(k, 11a ¢4c s&* guyén).| 4 = 5"’[2”

Trong vi¢c xac dinh duong 101 giai, nguoi [am
todn con phai phan tich trong cac bai toan da cho
cac dic diém co ban, chung cho moi bai toan va
cac dic diém phy, riéng cua ting bai toan. Tir d6
thiét 1ap duoc quy trinh dé thyc hién dung dudng
16i d3 vach ra. Sau day la mot s6 bai toan dé xuét
dé ban doc tu giai.

2.2.Bai tap dé xuit

Bai toan 4.

Cho x va y thoa man h¢ phuong trinh

x+y=a+l
x> +y’ =24’ ~2

Tim moi gia tri ctia a sao cho xy dat gia tri 16n nhét.

Bai toan 5.

Tim gid tri 16n nhat va gia tri nho nhét cia cua
cac ham sd sau

l.y=x"—x+1.

2. y= 2x—1
x +x+1

cosx+2

3. y=— .
. sinx+cosx—2

III. KET LUAN

Rén luyén kha nang dinh hudng va xac dinh
duong 16i giai 1a mot khau khong thé thiéu trong
viéc phat trién tu duy thong qua giai bai tap toan.
Lam tt viéc nay sé  glam thiéu duoc qua trinh thir
sai, 6 thé giai quyet duoc mot 16p bai todn tuong
tur ma khong mat nhiéu thoi gian. Cong viéc nay
c6 nhimg kho khan trude hét do ngudoi giai toan
khf)ng nam chic cac ddc diém co ban dé phéan biét
cac dang toan. Luc nély, ngoai sy cham chi, kién
nhan cta ngum giai toan cung nhu tai liéu, gido
trinh thi vai tro cua nguoi thay gép phan quan
trong giup nguoi hoc toi wu hod quy trinh giai,
bam sat muc ti€u ban dau dong thoi co the van
dung vao giai quyét cac van dé trong cudc song.
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